


352 Marcin Abramski et al.

Fig. 8. Mode of failure slabs C-1 and C-2

Fig. 9. Detail of slab C-2 after its failure

In the Table 4 the predicted values of load-carrying capacities of the tested
slabs are compared with the experimental results. The predicted values were
computed based on the calculation procedures presented in the chapter 3.
The strength reduction factor ¢ was taken into account according to the
equation (11). It is worth noting that in the case of the slabs reinforced with
the carbon plain bars the predicted load-bearing capacity is much overes-
timated in comparison to the experimental one. Such a difference is not
acceptable. In the case of the slabs reinforced with the ribbed basalt bars the
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load-bearing capacity obtained from the experiments is much lower than the
theoretical value, but when the strength reduction factor ¢ is used, the
consistency between experimental and theoretical load-bearing capacity is
quite good (does not exceed 17%).

The obtained difference in the load-carrying capacities of the both slab
types was equal up to 50% (Fig. 10).
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Oslab B-1 Oslab B-2 Eslab C-1 Wslab C-2

Fig. 10. Load-carrying capacities in [kN] of the tested slabs

Deflection

The load versus deflection diagrams for all the tested slabs are presented in
Figure 11. The deflection was taken as the mean value from the both spans. All
the slabs reached deflection of about 4 cm. The cracking bending moment was
observed for all the slabs at the load level 15 kN.

The load-deflection curves obtained for the slabs reinforced with bars made
of basalt composite (B-1 and B-2) differ considerably from the curves obtained
for the slabs reinforced with bars made of carbon composite (C-1 and C-2). The
first two curves are almost bilinear: they consist of two almost straight
sections: before cracking and after cracking up to failure. In case of the slabs
C-1 and C-2 the second section of the curve becomes flat shortly before
reaching the maximum load level. The reason of such a behaviour must be
a slip of plain carbon bars in concrete.

None of experimental curves coincide in the stage after cracking with
a development of deflection obtained analytically according to (ACI 2006). The
deflections obtained analytically are too small in comparison to experimental
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Fig. 11. Load versus deflection diagrams obtained in four experiments and in an analysis performed
according to (ACI 2006)

data. The reason of this inconsistency is factor g; (Eq. 15). According to the
last version of the guidelines (ACI 2006) this factor depends on the
balanced reinforcement ratio pp. This ratio is influenced by the ultimate
tensile strength fz, (Eq. 3). It means that deflection could be different for
elements which have the same stiffness but different ultimate strength, which
is incorrect. This remark was noticed already in (EL-GHANDOUR et al. 2003)
and was recommended to consider in the next revision of the guidelines
(ACI 2006).

According to the previous version of (ACI 2006) the factor §; was computed
according to equation (14), which was giving much higher values. The applica-
tion of that approach leads to increasing effective moment of inertia I, and
would in effect result in even lower deflections that obtained from equation
(15). It confirms, that the changes made in the last revision of the guidelines
(ACI 2006) were needed.

Strains in reinforcement

Figures 12 and 13 present strain development in the reinforcement
bars under the concentrated loads (Fig. 12) and in the symmetry axis of the
slab (Fig. 13) versus the applied load. The graphs made for the slabs with
basalt reinforcement do not present the full range of loading the slabs because
of local damages of strain gauges. The damages occurred by strain level of
about 6%.
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Fig. 12. Comparison of strain development in all the tested slabs in the both spans: W and E
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Fig. 13. Comparison of strain development in the symmetry axis of the slab
(i.e. over the middle support)

If properly anchored, the both basalt and carbon bars would have been
deformed longitudinally to the same extent up to load level P = 30 kN, as the
deflection development up to that load level was very similar for all the tested
slabs (see Fig. 11). However, the strain development in carbon bars was slow in
comparison to basalt bars. Therefore, the reinforcement bars made of carbon
composite were significantly less effective. In case of the slab C-2 the lower
effectiveness was observed since the cracking load (P = 15 kN) up to failure
(P = 38 kN). In case of the slab C1 it was observed also since the cracking load
(P = 15 kN) for the support bars and since the load level about P = 25 kN for
the bars of the both spans. The strain development presented in the both
diagrams confirms the slip of carbon bars in concrete.
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Conclusions

As mentioned beforehand the objective of the authors’ investigations was
to compare the behaviour of the concrete slabs reinforced with the basalt and
carbon bars, whereas it turned out that the crucial problem was not in the
material of the fibres but in the bond between the concrete and the polymer
bars. Load-carrying capacity of slabs reinforced with ribbed bars is definitely
higher than capacity of slabs reinforced with plain ones, although the strength
as well as the modulus of the elasticity were higher for the plain carbon bars
than for the ribbed basalt ones. In the presented experimental investigation
the difference was equal to 50%. The plain bars (in the presented investigation
made of a carbon composite) cannot be properly anchored in concrete and are
not effective in sustaining bending moments. The problem of the bond between
the concrete and the bar seems to be crucial when using the polymer bars as
a reinforcement of the concrete structures. The surface of the plain polymer
bars should be made rough, for instance by coating it with special adhesive and
sand. The American guidelines (ACI 2006) address this problem just in an
outline. Thus, the calculation procedures proposed by this guide is not useful if
a bond between FRP reinforcement and concrete is too weak, like in the case of
plain bars. In such a case the flexural failure mode differs much from the mode
assumed in the theory of reinforced concrete structures.

In case of slabs reinforced with ribbed bars (in the presented investigation
made of a basalt composite) the load-carrying capacity calculated according to
(ACI 2006) is more consistent with the experimental results. However, deflec-
tions obtained from the calculation procedure underestimate the values ob-
tained in the experiments. The problem was reported in the literature
(EL-GHANDOUR et al. 2003) and should be considered in the next revision of the
guidelines.
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Abstract

In this study, aluminum bronze BA1032 was analyzed thermally by differential scanning
calorimetry (DSC). The article presents the results of measurements of phase transitions occurring in
aluminum bronze at a temperature of up to 600°C. Thermal analyses were conducted at constant
heating rates of 5°C/min, 10°C/min and 15°C/min.

Introduction

Aluminum bronzes increasingly often replace tin bronzes due to their
unique properties. Alloys containing up to 11% Al are suitable for industrial
applications. Aluminum bronzes with 4-8% Al content can undergo both cold
and hot forming, whereas alloys containing 9-11% are used for casting or are
hot forged at a temperature of 870°C. Most aluminum bronzes are enriched
with Fe and Ni to increase their strength. Aluminum bronzes are characterized
by high tensile strength R,, of around 400-600 MPa as well as high corrosion
resistance, and they are used in the production of vessel propellers, pump
parts, machinery for paper and chemical industries, sheet metal, pipes, gears
and wire. Aluminum bronzes with approximately 10% Al content can be
hardened due to the presence of eutectoid transformations in the Cu-Al system
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at a temperature of 565°C and eutectoid at 11.8% Al. Alloys hardened in water
at a temperature of approximately 900°C are tempered at 400-600°C for
2-3 hours. The hardness of quenched CuAll0 is estimated at 180 HB and at
around 160 HB after tempering at 500°C (GORNY et al. 2003, ROMANKIEWICZ,
ROMANKIEWICZ 2007).

Aluminum-iron-manganese bronze BA1032 (CuAl10Fe3Mn2 according to
PN-EN 12163:2011) has high corrosion resistance and impact strength. The
analyzed alloy is characterized by exceptional resistance to static loading, wear
and high temperature, as well as satisfactory fluidity. It is used in the
production of machines, engines and parts (rollers, sleeves) exposed to very
high mechanical load, corrosion (in particular in acidic solutions) and wear.
The BA1032 alloy is also suitable for the production of bars, flats, custom sheet
metal and machine parts designed for operation in sea water. The analyzed
material has estimated hardness of 120 HB (WIERZBICKA 2000).

Thermal analysis involves a series of methods for determining selected
physical properties of a substance across a temperature gradient under
a controlled temperature program. Processes that accompany changes in the
temperature of various substances are investigated with the involvement
thermoanalytical techniques. Differential scanning calorimetry (DSC) is one of
such methods, and it is increasingly often used in various areas of science,
including in metallurgy. This method is highly useful for measuring phase
transition temperature and the amount of heat involved in those processes.
Phase transitions structures are already known for the balance of Cu-Al, but
there is little information on the phase transformations occurring in aluminum
bronze BA1032. Additions of other elements present in the alloy may cause
changes in the course of phase transitions (FRACZYK, BRECZKO 2010, SECKO,
ROZANSKI 2011, SZUMERA 2012, 2013).

Materials and Methods

Aluminum bronze was tested by dynamic thermal analysis which involves
a linear increase and decrease in temperature. The applied method is a fast
analytical technique. Analyses were conducted in the DSC Phoenix 204 F1
differential scanning calorimeter (Netzsch) which measures the energy re-
quired to establish a zero temperature difference between the analyzed sample
and a reference sample. The measured parameter is free heat flow.

Alloy samples weighing 74.92-76.33 mg were placed in aluminum crucibles.
Crucibles should have similar weight, and in this experiment, their weight
ranged from 39.64 to 40.38 mg. Thermal parameters were measured during
heating to a temperature of 600°C at heating rates of 5, 10 and 15°C/min
(FRACZYK, BRECZKO 2010, SUCHON, JURA 2003).
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Results and Discussion

Before the analysis, DSC curves were adjusted with the use of the “DSC
Horizontal On” function. This operation was performed to bring the area
under the curve where no reactions took place to zero. Adjusted calorimetric
curves for BA1032 at heating rates of 5, 10 and 15°C/min are presented in
Figure 1.

DSC/(mW/mg)
T exo b
0.00 | ————~~
-0.02 a
—0.04
—0.06 5 — 5°g/mir}
~ 15-Chmin
-0.10 ¢
—0.12
-0.14
d
100 200 300 400 500 600

temperature [°C]

Fig. 1. DSC curves for BA1032 illustrating processes taking place at a temperature of up to 600°C

Information about the exchange of heat between the sample and its
environment at different temperatures (7)) can be read from a DSC curve. If
the DSC curve is a straight (horizontal) line, there are no reactions at a given
temperature. Four phase transitions, marked a, b, ¢ and d, can be observed in
Figure 1 at a temperature of approximately 205°C, 265°C, 515°C and 560°C
(peak maxima), for different heating rates.

The first two peaks, a and b, have low enthalpy which becomes more visible
only at a heating rate of 15°C/min. At a temperature of about 205°C reaches the
endothermic phase transitions. At a temperature of about 267°C follow on an
exothermic phase transition. Figure 2 shows the phase transitions of the peaks
a and b at heating rate 15°C/min.

At a heating rate of 10°C/min and 15°C/min, a minor endothermic effect was
noted between peaks b and ¢ beginning from the temperature of around 390°C.

The last two transitions, ¢ and d, have well-defined peaks, but their
enthalpy is also relatively low. Peaks ¢ and d, the onset and end of phase
transitions, and the enthalpy of each peak at heating rates of 5, 10 and
15°C/min are shown in Figures 3, 4 and 5. Peak maxima denoting the
temperatures at which the reaction takes place at the highest rate are also
marked.
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Fig. 2. DSC curves for BA1032 presenting the main reactions taking place at peak a and b and
a heating rate of 15°C/min
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Fig. 3. DSC curves for BA1032 presenting the main reactions taking place at a temperature of up to
600°C and a heating rate of 5°C/min

Peaks are more visible at higher heating rates, but peaks positioned close to
one another can overlap, which rules out heating at a higher rate. The area
under the peak was determined based on the onset and endset values of phase
transitions to produce comparable results. Data for peaks ¢ and d from
Figures 3, 4 and 5 are presented in Table 1.
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Fig. 4. DSC curves for BA1032 presenting the main reactions taking place at a temperature of up to
600°C and a heating rate of 10°C/min
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Fig. 5. DSC curves for BA1032 presenting the main reactions taking place at a temperature of up to
600°C and a heating rate of 15°C/min
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Table 1
Primary crystallization parameters of BA1032 determined by DSC for peaks ¢ and d
Heating rate 5°C/min 10°C/min 15°C/min
Peak ¢
Onset peak [°C] 498.1 503.1 508.2
Maximum peak temperature [°C] 504.1 514.7 521.1
End peak [°C] 510.9 524.2 528.9
Enthalpy of phase transformation peak [J/g] -1.329 -2.780 -5.378
Peak d
Onset peak [°C] 541.8 547.1 548.8
Maximum peak temperature[°C] 554.4 559.2 560.7
End peak [°C] 564.6 569.3 571.2
Enthalpy of phase transformation peak [J/g] -12.760 -9.572 -7.643

The peaks ¢ and d create double endothermic effect and it reflects the
eutectoid transformation proceeding at temperature of 565°C, in accordance
with phase equilibrium diagram Cu-Al. Analogical effect can be observed
during the cooling, of the sample: both effests, the solubility limit of phase
o and the exothermic effect of eutectoid transformation starting at a tempera-
ture of about 538°C and ending at about 473°C, as shown in Figure 6 (GAZDA et

al. 2009).
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Fig. 6. DSC curves for BA1032 presenting the process of heating and cooling (5°C/min)
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Conclusions

Analyzing the results of the research can be concluded that:

— in the present study, four phase transitions were observed in the
analyzed material at a temperature of up to 600°C,

— peak broadening can be observed, which indicates that reactions took
place relatively slowly within a wide range of temperatures,

— phase transitions a and b occurred one after the other. An endothermic
phase transition (v— a+v) took place in peak a, whereas an exothermic phase
transition (a+v— a+ %) took place in peak b. The temperature of the transi-
tion between peaks a and b was 225°C. The end temperature of peritectoidal
transformation (o+v— a+p) is 363°C (according to the phase equilibrium
diagram), but occurs fastest at a temperature about 267°C. The span across the
phase transition is 134°C (od 225°C do 359°C)

— at a heating rate of 10°C/min and 15°C/min, a minor endothermic effect
was noted between peaks b and ¢ beginning from the temperature of around
390°C.

— it confirmed the presence of a double endothermic effect, which consists
of peaks ¢ and d. In peak c took place a a+ % — a+ %+ transition, whereas in
peak d a a+ p+ f— o+ B transition. The transitions were noted across a narrow
temperature range. The distance between peaks decreased with an increase in
heating rate, which can be attributed to an increase in the enthalpy of peak ¢ at
a higher heating rate. The reverse was observed in peak d where enthalpy
decreased with an increase in heating rate. When heating rate increases, phase
transitions begin later (at higher temperature) and end later, and peak
broadening occurs. Energy effects overlap during cooling,

— for industrial practice can be assumed that to achieve the phase a+p,
tempering temperature aluminum-iron-manganese bronze BA1032 should
total at least 225°C and not more than 495°C.
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Abstract

Heat utilization for cooling capacity production is nowadays a desirable challenge in several
industrial applications. There are lots of industrial processes with low parameters of heat generated
as by-product, which utilization is very important to improve theirs total energy efficiency.

Waste heat driven chillers seem to be great competitors for mechanical chillers. Among them
special attention should be paid to adsorption chillers, since they can be powered with low
- temperature heat sources.

The paper presents a model of a single-stage adsorption chiller with silica gel as adsorbent and
water, acting as a refrigerant. The performed model allows to predict the behaviour of the adsorption
chiller, among others the main energy efficiency factors, such as coefficient of performance (COP) and
cooling capacity (CC) for different working conditions.

Nomenclature

A — area of heat exchanger, m?

CC — cooling capacity,

COP — coefficient of performance, dimensionless

Cp — specific heat capacity at constant pressure, J kg™ K
dMuiea/dt — mass flow rate of chilled water, kg s™

dMooiing/dt - mass flow rate of cooling water, kg s*

AMpcating/dt - flow of hot water, kg s

Dg — diffusive surface, my s

Dy — kinetic diffusion constant for the water-silica gel system, m? s
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activation energy, kJ kmol™
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mass, kg

structural heterogeneity parameter

pressure, Pa

amount of vapor adsorbed in the bed, kg kg
maximum bed saturation under given temperature and pressure conditions, kg kg™

monolayer maximum sorption capacity of silica gel, kg kg™

isostheric heat of adsorption, kJ kg™

universal gas constant or individual or for water vapor, kJ kmol™* K

average radius of silica-gel particles, m
dimensionless T6th constant

temperature, K

temperature at starting point for model calculation, K

cycle time, s

temperature of water inside of heat exchanger component, K

heat transfer coefficient during condensation, W m2 K

heat transfer coefficient during bed cooling process, W m2 K!

heat transfer coefficient during evaporation, W m2 K!

heat transfer coefficient during bed heating process, W m2 K
specific volume of the vapour phase under given conditions, m? kg
volume of water flowing via heat exchanger, m®

Greek symbols

RV DU

Subscripts and superscripts

flag coefficient
flag coefficient
flag coefficient
density of water at a given temperature, kg m™
flag coefficient

ads - adsorber

bed - bed

chw - chilled water
cond - condenser

cw - cooling water
evap - evaporator

f - liquid state

g — gas, vapour state
Hex - heat exchanger
hw - hot water

i — inlet

ini - initial state
max - maximumm

o — outlet

ref - refrigerant

S - saturated state
sg — silica gel

X — adsorption

y - desorption

z — switching time
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Introduction

In their vast majority, high valued energy sources, e.g. electricity and fossil
fuel driven appliances are used for the heating and cooling purposes. However,
there are also a wide range of low grade sources of thermal energy, e.g. sewage
water, underground resources, solar heat, waste heat, which also can be used
to deliver useful heating or cooling (AMMAR et al. 2012, STANEK, GAZDA 2014).
Adsorption cycles have a distinct advantage over other systems in the ability to
use low grade heat, especially heat of low near ambient temperature (AMMAR et
al. 2012, STANEK, GAZDA 2014).

Application of adsorption processes for cooling cycle was first described in
1920s (LoH 2010). Further research in this area provided lots of experimental
data for different pairs of adsorbent-adsorbate (ARISTOV et al. 2006, DEMIR et
al. 2008, WANG et al. 2014). A novel design with passive evaporation was
discussed by WANG et al. (2011) and most common pairs of adsorbent-
adsorbate are reported by DEMIR et al. (2008). The adsorption of water on silica
gel surface was examined inter alia by ARISTOV et al. (2006) and CHUA et al.
(2002). Results of experiment for silica gel impregnated with CaCO; can be
found in AKISAWA and MIYAZAKT (2010). Adsorption kinetics for active carbon-
R134a and active carbon — R507A was investigated in HABIB et al. (2010).

Besides zeolite/water the silica gel-water is considered as one of the most
promising working pairs best suited for the solutions using low grade sources
of thermal energy (MYAT et al. 2013, Szyc, NOWAK 2014a,b. SIMILAR conclusion
was reported in CHOROWSKI and PYRKA (2015) and QIAN et al. (2013).

It is due to relatively easy regeneration process of the adsorbent. These two
pairs adsorbent-adsorbate mostly have found their implementation in com-
mercialised chillers offered by suppliers on market.

There are some applications with adsorption chillers in industrial scale in
Europe. Adsorption chillers can use solar energy (HABIB et al. 2013, SEKRET,
TURSKI 2012 and other waste heat sources. A review of the existing installa-
tions can be found inter alia by Wu et WANG (2006).

One of the well-known method to improve the heat and mass transfer
coefficient between the bed of sorbent and the immersed heating surface is the
idea to apply of a fluidized bed instead of the fixed-bed of the sorbent,
commonly used in the heat recovery technologies (KRZYWANSKI et al. 2012, WIN
et al. 1995, YANG 2003). WANG et al. (2012) proposed a fluidized-bed adsor-
ber/desorber for the adsorption refrigeration system. The working pair of
activated carbon and R134a in a fluidized bed was applied in the paper. The
authors pointed out that the fluidized adsorbent can enhance the heat and
mass transfer, leading to the increase the specific cooling power. Due to the
enhanced heat and mass transfer the heating transfer area can be greatly
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reduced which is beneficial, extending the applications of the adsorption
refrigerators (WANG et al. 2012).

CHEN et al. (2015) proposed to use a periodic operating silica gel fluidized
bed system to adsorb/desorb moisture in air-conditioning systems. The authors
reported that the fluidized bed system allows to increase the adsorp-
tion/desorption processes compared with the packed bed. HORIBE et al. (2013)
applied fluidized bed to study the sorption and desorption characteristics of
a new organic sorbent material HU720PR. The connected fluidized beds for
adsorption and desorption processes are used in the unit. Two funnels inside
the beds allow particles to circulate between adsorption and desorption beds to
ensure continuous operating of a dehumidification air conditioning system
(CHEN et al. 2015). Similar process was also carried out by HAMED (2005). The
author used an inclined-fluidized bed in the adsorption and desorption oper-
ations.

The main feature of adsorption chillers is its lower sensitivity to hot water
inlet temperature fluctuations. It makes adsorption chillers more suitable for
the use of low grade sources of thermal energy in comparison to their main
competitors, i.e. absorption chillers. The improvement of total efficiency of
adsorption process is however still challenging task.

Modelling is a wide used method of data handling which can be helpful to
carry out such undertaking. Several models and experimental works on
adsorption cooling cycles are described in the literature. Modeling and per-
formance analysis of an adsorption desalination cycle was described by THU
(2010), whereas the distributed-parameter approach to capture both the
transient and steady state behaviors of adsorption chiller was presented by
CHUA et al. (2004). A dynamic model for the prediction of the optimal cyclic
operation mode of the two-bed adsorption chiller was shown by GRABER et al.
(2011).

The analysis of an advanced three-stage adsorption chiller as well as the
entropy generation analysis and performance analysis of a pressurized adsorp-
tion chiller were presented in LOH et al. (2010), SAHA et al. (1995), THU et al.
(2013).

A multi-bed regenerative adsorption chiller design and a novel silica
gel-water adsorption chiller model with three vacuum chambers were proposed
by CHUA et al. (2001) and WANG et al. (2005), respectively.

The experimental analysis of a compact adsorption chiller, the evaluation
of the effect of adsorbent isobar shape on the dynamics of the chillers and the
water adsorption dynamics for adsorption chillers with adsorbent beds of loose
grains was discussed in ARISTOV et al. (2012), LU et al. (2013) and OKUNEV and
ARISTOV (2014). The dynamic behaviour of a single effect two bed adsorption
chiller employing adsorbent beds with various layers of loose grain configur-
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ations and silica gel particle sizes and the effect of design parameters on the
switching frequency was discussed by CHAKRABORTY et al. (2014) and ALAM
et al. (2003), respectively.

Analytically and experimentally investigated silica gel-water system was
described by BOELMAN et al. (1995) and SAHA et al. (1995). Three-bed and
a dual mode, three stage non-regenerative and six bed regenerative silica gel
— water chillers were investigated in SAHA (2003) and SAHA et al. (2003).

The work presents a model of a single-stage adsorption chiller with silica
gel acting as a solid porous sorbent and water working as refrigerant. The set
of thermodynamic equations used in the model of chiller operation is described
in the paper. The validation of the model was successfully performed against
the experimental results from the existing adsorption chiller at National
University of Singapore. Such approach is undertaken since the comparison
between desired and calculated data is regarded as the most difficult type of
model’s validation procedure (KRZYWANSKI et al. 2015a, b, c).

An object of investigations and working principle

Typical single stage-adsorption chiller consists of: an evaporator, a conden-
ser and two fixed-beds, which are packed in separate reactors (CHUA et al.
2001, LoH 2010, THU 2010). Silica gel-water is considered during the study as
a working pair of adsorbent-adsorbate. Solid porous sorbent has relatively high
sorption capability with refrigerant. The heat transfer between hot and cold
water and the sorbent occurs via the coils immersed inside the beds. The
scheme of the considered system is given in Figure 1.

condenser

refrigerant cooling

water
for condenser
and

circuit

heat water
for the bed

adsorbent

regeneration \l/
— chilled water
. . > for the
1 — silica gel bed (desorption)

. X evaporator
2 —silica gel bed (adsorption)
evaporator

Fig. 1. Schematic diagram of an adsorption chiller

Technical Sciences 19(4) 2016



372 Jarostaw Krzywariski et al.

The experimental procedure for a conventional adsorption chiller is as
follows. The evaporated refrigerant (water) passes form the evaporator to the
fixed adsorption bed 2, which is cooled by the cold water flowing inside tubes
into the bed. The adsorption processes occur until the pressure inside the
adsorption bed reaches about the saturated pressure of water, corresponding
to the cooling water temperature in the adsorption bed. To regenerate the bed,
hot water is put into the coil and the vapour is released from the bed.

The desorbed vapour enters into the condenser (Szvyc, NOWAK 2014a, b).

To improve the efficiency more than one bed are applied. Adsorption
chillers usually consists of two or four beds (CHOROWSKI, PYRKA 2015, SzycC,
NowAK 2014a, b). When some of the beds work as adsorbers, the desorption
process occurs in other beds at the same time, and on the contrary.

To increase the efficiency of the unit, the beds must be properly prepared
for the upcoming phase. Therefore before the two main stages (i.e. adsorption
and desorption) starts the beds previously must be pre-heated (before desorp-
tion) or pre-cooled (before adsorption), respectively.

During these short periods, usually called switching time periods, all valves
connecting the beds with the evaporator and the condenser are closed.

By this way, four phases, i.e.: pre-cooling, adsorption, pre-heating and
desorption, occur one by one during the full adsorption cooling cycle in each of
the bed of an adsorption chiller.

Mathematical modelling of adsorption chiller
Fundamental assumptions

The model is based on T6th adsorption isotherm, equation of the kinetics of
the process and energy balance equations for the elements: evaporator,
condenser and silica gel bed (CHUA et al. 2004, Szyc, Nowak 2014a). The RD
silica gel type is used as an adsorbent. To simplify the model, the following
assumptions were taken into account:

— the values for pressure and temperature in isotherm equations during
adsorption are constant, i.e. the reactor pressure is equal to the pressure in the
evaporator and the reactor temperature is equal to the temperature of the
cooling water bed,

— isosteric heat of adsorption is constant,

— water vapour adsorbed on the silica gel is in dry saturated conditions
x=1),

— the adsorption of water vapour on silica gel is uniform,
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— water vapour is adsorbed on the dry silica gel in each cycle, so the
maximum amount of refrigerant is uptaken by bed under the considered
pressure and temperature conditions,

— the temperature profile across the bed is uniform,

— the temperature in the different parts of the device is uniform,

— heat transfer coefficients for heat exchangers have constant values,

— the system is thermally insulated from the environment (the losses have
been omitted),

— during the adsorption phase the reactor pressure is constant and has the
same value as in the evaporator,

— during the desorption phase the pressure in the reactor is constant and
has the same value as the condenser.

The system of balance differential equations was solved by the Runge-
-Kutty method of the 4*" order using C++ language.

Adsorption isotherm and refrigerant uptake by bed

For estimation of the amount of vapor adsorbed on the bed surface the T6th
isotherm is used (CHUA et al. 2004):

Kuexp| 1L [P,

e [ () o]}

%

¢ = (1)

The changes of bed saturation in time describes linear driving force
equation (LOH et al. 2010):

dg(t) _

ot K(q - (2)

The K coefficient is defined, as follows:

15D,
K= R 3
where:
-E,
D, = Dy exp [RTS] 4)
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Substituting equation (4) to (3), and then into equation (2), we have the
final equation (5):

15D, exp

—_Ea]( ‘_q)
dq(t) _ RT,] ¢ 79
dt R,

(%)

The isosteric heat adsorption can be expressed by the Dubinin-Astakov
equation (LOH et al. 2010):

%P 1/n dP
QST = h + Ealn (E) + Tvg(ﬁ (P,T) (6)
Energy balance during adsorption phase

For bed which is connected to the evaporator (index x) the energy balance
can be written, as follows:

1 1 Vg
Msngsg + MHexCpHex + Msgqbed,x Cpg(,Tbed,x) + QST{ Tbed,x - Vg(Tbed,x) ( aTbed,x )}])
dT ed.x d ed,xX
d‘;: X = Mg (};’t“’ [8{he(Tevap) — hg(Theax) + Qsr} + (1 = 8){hye(T ehw) — hg(Thear) +

QST}] - UcoolingAbed(Tbed,x - Tk)
(7

The equation (7) allows to determine bed temperature profile during
adsorption.

The energy balance equation for the cooling water, which flows inside tubes
immersed into the sorbent bed during the adsorption stage, is as follows:

dT ndoo in;
pfcpf(Tk)Vbed —dl; = # [hf(Ti,cw) - h«(TW] + UcoolingAbed(Tbed,x -Tw (8

where:
To(t) = Tiew, Tk(0) = Ticws Theax(0) = Ticw, Tevap(0) = Tichw, Abeax(0) = q™heax
Pevap(o) = Ps(Ti,chw)-
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This equation allows to estimate the temperature profile for cooling water
which is responsible for removing heat of adsorption.
Energy balance during desorption phase

The energy balance for the bed which is connected with the condenser
(index y) can be expressed by the equation:
dTbed,y _

dgpe
dt - Msg qci)td,y [e{hg(Ti,hw) - hg(Tbed,y) + QST} + (]- - e){hg(Tcond) - hg(Tbed,y) +

11
Tbed,y Vg(Tbed,y)

oV,
aTbed,y

Msngsg + MHexCpHex + Msgqbed,y Cpg(Tbed,y) + QST{

QST}] - Uheating,yAbed,y(Tbed,y - Tk) (9)

Equation (9) allows to determine bed temperature changes during desorp-
tion.

The energy balance for hot water supplied for the desorption process can be
written, as follows:

dT dM eatin
pfcpf(Tk)Vbed Ek = % [hf(Ti,hw) - hd(TW] + Uheating,yAbed,y(Tbed,y - Ty (10)

where:
TO(t) = Ti,hw; Tbed,y(o) = Ti,hw, qbed,y(O) = (inibed,y, Pcond(O) = Ps(Ti,cw), Tk(O)

= Ti,hw-
Energy balance during switching time
In the period when a bed is prepared for desorption, reactor is not

connected neither with the evaporator nor condenser (index z). The energy
balance for the bed can be described by the equation:

1 1 av,
Msgcpsg + MHexCpHex + Msgqbed,z cpg(Tbed,z) + QST{ Tb B - v (Tb B ) aTbi }])
ed,z g ed,z ed,z
dThed,.
% = — UneatingAbed(Theaz — Tk) (11)
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Similar energy balance equations can be written for the adsorption stage
(equation 12):

1 1 d
Msngsg + MHexCpHex + Msgqbed,z cpg(Tbed,z) + QST{ Thea - Vo(Thed ) ( aT:gd )}D
ed,z g ed,z ed,z
dThed,
% == UCoolingAbed(Tbed,z - Tk) (12)

For hot water flowing inside the tubes immerged in the adsorber bed we have:

dT dM eatin;
Pprf(Tk)Vbed ——E = ——heating [ht(Ti,hw) - h(To] + UheatingAbed(Tbed,z - Ty (13)
dt dt

and the same for cooling water:

dT ndoo in;
PP T) Viea Ek = Tlg [hd(Tihw) — h{TW] + UcoolingAbed(Theda, — Tx)  (14)

where:
TO(t)= Ti,hw or Ti,cw, Tbed,z(o) = Ti,hw or Ti,cw’ qbed,z(o) = qinibed,z, Pcond(o) =
Ps(Ti,cw); Tw(0) = Ti,hw-

Energy balance for the evaporator

The energy balance for the evaporator is described as follows:

dTeva ere evaj
[Cpf(Tevap)Mref,evap + cpevapMevap] Tp + hf(Tevap) $ =

d od.x d ed,x
= 01 = YAl Teona) Mag— g = [8hy(Tvap) + (1 = Dhg(Theq,) Moot

UevapAevap(Tevap - Tk) (15)

where amount of refrigerant circulated in cooling loop is calculated from:

eref,evap _ 3 dqbed
G Me BT 1o
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During the period, when a bed is connected with the evaporator (adsorp-
tion) ¥ = 1, whilst x = 6(1 — y) when bed is connected with condenser, during
desorption, and:

eref .evap

- ddbed) _ dGbea
dt - = Msg (1 - 8)(1 - Y) dt - (]—7)

dt

For chilled water the energy balance equation can be written as follows:

_ ndhilled

pfcpf(Tk)Vevap - dt [hf(Ti,chw) - hf(Tk)] + UevapAevap(Tevap - Tk) (18)

where:
Mref,evap(o) = irgif,evap’ To(t) = Ti,chw, Tevap(o) = Ti,chw; Tbed,x(o) = Ti,cw; Tcond(o) =
= Ti,cw; Tk(O) = Ti,chw-

Energy balance for the condenser

The energy balance for the condenser can be described by the following
equation:

chond

dqpe
2~ i Tona)M Sbedy — _[6hy(Thea,) +

* dt
(19)

[Cpf( Tcond)Mref,Cond + cpconndond]

dgpe
+ (]- - e)hg(Tcond) - 9(1 - Y)hf(Tcond)]Msg ?1]:: Ly - UcondAcond(evap - Tk)

When the condenser collects sufficient amount of condensate MpEF:ona,
refrigerant flows into the evaporator. The governing assumptions are as
follows:

dqbed
— >y —
— when Miefeonda < MiFiond, OF Myefcona = MisFsond, and ——%> 0 theny =1

dt
and d
— when M, efcona = MieFeona and % < 0 then y = 0.

The energy balance for cooling water in condenser is, as follows:

di _ ndond
pfcpf(Tk)Vcond dt - dt

[hf(Ti,cw) - hf(Tk)] + UcondAcond(Tcond - Tk) (20)
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where:
Mref,cond(o) = {%?‘,}éondy TO(t) = Ti,cwaTcond(O) = Ti,cw; Tbed,y (0) = Ti,thk(O) = Ti,cw-

Performance parameters

The main performance parameter of a chiller is Coefficient of Performance
(COP), defined as:

CC
COP = Hp (21)

where CC is cooling capacity achieved from the system and HP is heating
power supplied to the system.

The CC and HP can be determine from the equations (22) and (23):

nd ille

CC = % Cpf,i,chw(Ti,chw - To,chw) (22)
dM eatin;

HP = %g cPtinw(Tinw — Tonw) (23)

Results and discussion
Validation

The above presented set of balance equations was used to create the
simulation code in C++ programming language. The performed model allows
to determine temperature profiles for each of the elements and further to
calculate performance coefficients, like coefficient of performance (COP) and
cooling capacity (CC). Operating parameters of simulated single — stage
adsorption chiller are given in Table 1.

The results of simulations were compared with experimentally obtained
data for two different working conditions. The experimental data which has
been collected, analysed and compared with simulation results comes from the
existing adsorption chiller installed at the National University of Singapore.
The detailed description of the adsorption system can be found in Szyc, NOwAK
2014a,b, THU 2010). The system can also work with heat regeneration, but
during experiments it operated as a single-stage device. The measured
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Table 1
The operating parameters used in the study
Temperature
Parameter poC Mass ﬂo‘ﬁ rate Other
kg s
test 1 test 2
Chilled water inlet (evaporator) 10 20 0.8 -
Cooling water inlet (adsorber) 29.5 0.8 -
Cooling water inlet (condenser) 29.5 2.0 -
Hot water inlet (desorber) 70-110 0.8 -
Mass of silica-gel (per bed) [kgl - - 36
Switching time [s] - - 45
Cycle time adsorption/desorption [s] - - 480-900
Table 2
Selected data used for simulations
Parameter Value
Q% 0.45
Qsr 2.37x10?
Ko 2x10712
t 12
R, 1.7x10
Dy 2.54x10™*
E, 4.2x10*
n 1.1
Cp.sg 0.921
MHexCp,Hex 195
Aads 471
Veona 0.1
Vbea 0.157
Vevap 0.0142
Mevap%,evap 25.4
Mcondcp,cond 180
refcond 10

data were sampled every 3 second. Selected data used further for calculations
are given in Table 2. These values together with the data from Table 1
constitute the parameters of entry conditions during simulations.

The comparison between desired and calculated by the model values of
COP and CC during Tests 1 and 2 are given in Figures. 2 and 3. The calculated
results are located within the range of + 20% compared to the desired, i.e.
experimental data.

The points in the Figures 2 and 3 which were used to validate the model,
correspond to different inlet temperatures of chilled water. The approach was
undertaken since the comparison between desired and calculated data is
regarded as the most difficult type of model’s validation procedure
(KRZYWANSKI et al. 2015b,c).
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Fig. 2. Comparison between measured and calculated results for the coefficient of performance
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Fig. 3. Comparison between measured and calculated results for the cooling capacity

The effect of the cycle time

The dependence of the COP on the cycle time for the two considered inlet
temperatures of chilled water is presented in Figure 4. As it can be seen the
coefficient of performance increases with the cycle time.

Similar results were obtained by other researchers (MARLINDA et al. 2010,
WANG et al. 2015). Such behaviour can be explained taking into account the
differences between sorption and desorption rates and is also the result of the
changes in dynamism of adsorption/desorption processes with time. Since the
desorption runs faster than adsorption the heating power HP supplied to the
bed may not be consumed during desorption stage when lengthening the cycle
time. Therefore the instantaneous value of the heating power, constituting the
denominator in equation (21), used for desorption is reduced leading to the
increase in COP (MARLINDA 2010, Szyc, NOwWAK 2014a).

Technical Sciences 19(4) 2016



Experience in Modelling of a Single-Stage... 381

0.7 1

0.6
=T
%g 0.5 Tchw =283 K
O’“‘ Tchw =293 K
&)

0.4_

0.3 T T |

400 600 800 1000

tcycle [S]

Fig. 4. The effect of the time cycle on the coefficient of performance

The effect of the cycle time on the cooling capacity is shown in Figure 5.
Similar behaviour was reported by MARLINDA et al. (2010) and SAPIENZA et al.
(2011). When the cycle time gets longer the water vapour-silica gel system
tends to reach equilibrium and sorption processes are slowing down. This
influencing the cooling capacity ratio as the coolant mass transfer between the
condenser and the evaporator is also slowed down. As the result the disturban-
ces in coolant evaporation process occur, which leads to the decrease in cooling
capacity of the adsorption chiller (Szyc, NOWAK 2014a).

17 -
14 -

= —— Tchw = 283 K
£ Tchw = 293 K
@]
&

8 4

5 . . .

400 600 800 1000

tcycle [S]

Fig. 5. The effect of the time cycle on the cooling capacity

The effect of the chilled and hot water inlet temperature

The effect of the hot water inlet temperature on the COP is given in
Figure 6. The heating power (HP) supplied to the system increases with the hot
water inlet temperature Ty,,. As the HP constitutes the denominator in equation
(20) the COP decreases with the increase of hot water inlet temperature.
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Generally speaking, both considered parameters, i.e. COP and CC are
higher for the chilled inlet water temperature of 20°C than it is for the
Tuw = 10°C. Similar behaviour was noted by JEON et al. (2010). Since the
evaporation processes are enhanced at higher temperatures the increase in the
chilled water inlet temperature cause the increase in cooling capacity CC,
achieved from the system. As the result, according to equation (20), the COP
tends to increase.
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Fig. 6. The effect of the hot water inlet temperature on the coefficient of performance

The effect of the cooling water temperature
and the typical profiles of beds temperatures and amounts
of vapour adsorbed on the silica gel

The dependence of the cooling water temperature on the CC and COP is
given in Figure 7. The main energy efficiency factors, such as coefficient of
performance and cooling capacity decrease with the increase in cooling water
temperature. It is the result of the decrease in the amounts of refrigerant being
adsorbed for higher temperatures of cooling water flowing inside tubes into the
bed. Typical profiles of the average bed temperatures as well as the amounts of
vapour adsorbed on the silica gel are shown in Figure 8. As it can be seen the
profiles correspond to both adsorption an desorption cycles.

Conclusions
The paper presents a model of a single-stage adsorption chiller with silica

gel as adsorbent and water acting as a refrigerant. The validation of the model
was successfully performed against the experimental results from the existing
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Fig. 7. The effect of the cooling water temperature on the: a — cooling capacity and b - coefficient of
performance; T, = 283 K
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Fig. 8. The average beds temperatures (¢) and amounts of vapour adsorbed profiles (b)

adsorption chiller installed at the National University of Singapore. Obtained
results (calculated data) are located in the borders of + 20% in the relationship
to experimental results.

The developed model allows to predict the behaviour of the adsorption
chiller, among others the main energy efficient factors, i.e. coefficient of
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performance (COP) and cooling capacity (CC) for different working conditions.
The calculations carried out in the paper lead to the fallowing conclusions:

— the coefficient of performance increases whereas cooling capacity de-
creases with the cycle time,

— the COP decreases with the increase of hot water inlet temperature,

— both considered parameters, i.e. COP and CC are higher for the higher
chilled inlet water temperatures,

— the main energy efficiency factors (i.e. COP and CC) decrease with the
increase in cooling water temperature.

The developed model can be used as an optimization tool of the examined
adsorption chiller.
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Abstract

Spelt grain harvested at four organic farms in Poland were assessed for physical and milling
properties and flour size distribution. The spelt grain was diversified in relation to the majority of
tested milling quality parameters. The environmental conditions had a significant impact on
thousand kernel weight, vitreousness, PSI, kernel ash content, specific energy of milling and the
particle size distribution of flour. The values of specific energy of milling, coefficient of grinding
efficiency, rupture force and rupture energy in the spelt from the organic farms were significantly
lower than common wheat. The highest spelt flour yield was obtained of kernels cultivated on
ecological farm with semi-coherent and very dry soil was similar to that of common wheat; the milling
yield of the spelt originating from other farms was by 9.5% to 12.7% less than from the wheat one.
The greatest differences in PSD between the tested flours were detected for the values over 40 um.
The content of this fraction was determined in the range of app. 1% to almost 4.5%; the flour from
common wheat contained app. 2.8% of this fraction.

Correspondence: Malgorzata Warechowska, Katedra Podstaw Bezpieczenstwa, Uniwersytet
Warminsko-Mazurski, ul. Jana Heweliusza 10, 10-719 Olsztyn, phone: 89 524 56 13, e-mail:
gosiaw@uwm.edu.pl

Technical Sciences 19(4) 2016



388 Matgorzata Warechowska et al.

Introduction

Recently organic agriculture became one of the most rapidly developing
branch of agriculture in the world. The reason is growing demand for organic
food. Between 2004-2013 acreage of land under organic cultivation in Europe
has been increased from 890 000 to 1 845 000 ha (WILLER, SCHAACK 2015).
Along the increase of organic cereal acreage the area of spelt cultivation also
increases because this kind of cereal is grown mostly in organic farms.

Due to the fact that spelt is cultivated not only in Europe but worldwide, it
has become necessary to determine the impact of spelt reaction to environment-
al factors. WILSON et al. (2008) emphasized that the environmental conditions
have an impact on the quality characteristics and technological parameters of
grain. Only limited possibility influencing grain quality by fertilization and
pesticide application is permissible in organic production, so, besides genetic
features, environmental conditions (type of soil, climate) influence the quality of
grain. The assessment of the milling quality of grain is important and, in the
case of spelt, it has been studied only to a limited extent. Only few studies
investigated physical and mechanical properties of spelt wheat (MARKOWSKI et
al. 2013, SWIECA et al. 2014). Knowledge of mechanical properties and milling
grain spelled leads to the optimization of the design process and equipment
intended for such purposes, as well as the harvest and distribution of grain.
Milling is the basic process in cereal processing. The physical properties of
kernels have a significant impact on the effectiveness of milling. The main
factors that influence the properties of kernels during milling are hardness and
vitreousness (GREFFEUILLE et al. 2007a,b). The hard wheat varieties produce
higher yield of flour since the endosperm is more effectively separated from bran
(POSNER 2003b). The hardness of kernels significantly influences energy con-
sumption during grinding. The milling of hard wheat is more energy-consuming
as opposed to soft wheat (DZzIKI et al. 2012). Furthermore, kernel hardness has
an impact on the size distribution of middlings and flour. The milling of wheat
with soft endosperm produces more small particles than the processing of
kernels with hard endosperm (DEVAUX et al. 1998, GREFFEUILLE et al. 2007b).
Depending on the degree of grinding of raw material, the course of such
processes as mixing, pelleting, dough preparation and baking is different. The
quality of final products is also different (PARK et al. 2006). The quality of
milling (including flour yield, ash content and flour color) is associated with the
morphological parameters of kernels if the milling is performed in comparable
conditions (ZHANG et al. 2005). The same varieties of spelt, though they have the
same genotype, have to adapt to different regions and therefore react dissimilar-
ly to the environment. Therefore, the cultivation conditions, apart from genetic
potential, have an impact on the quality of grain.
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The aim of the study was to investigate some physical and milling proper-
ties and flour size distribution of organic spelt grain from different environ-
mental conditions of cultivation. Spelt was compared with common wheat.
This study may help elucidate some unique characteristics of spelt grain and
flour for future uses in the food industry.

Materials and Methods
Samples

The samples of spelt (Triticum spelta L.) Schwabenkorn cultivar (SG1
— SG4) originated from a field trial carried out in 2010 on 4 certified organic
farms in Poland, differing in the type of soil and its humidity, were assessed.
The grain of common wheat Korweta cultivar (CW) from organic farm was the
reference (Tab. 1). This common wheat cultivar is known as healthy and well
yielding wheat in the ecological cultivation.

The samples of spelt grain, 10 kg each, were hulled in a laboratory device
(LD 180 ST 4, WINTERSTEIGER). The moisture content (MC) of spelt and
common wheat was determined (ICC Standard Method No. 110/1).

Table 1
Location, certificate number and type of soil organic farms
Samples Located organic farms No of certificate Type of soil
o> 01 4> AgroBioTest heavy soil with average
SG1 located at 53°1TN, 19°14E ) 'm0 07-00013/09 humidity
on1° » op9’ » AgroBioTest semi-coherent soil with
SG2 53°01I'3L41"N, 17°43°46.56”F PI - Eko-07-05843 average humidity
00 QIR PR AgroBioTest semi-coherent soil
SG3 53°28'57T"N, 19°34'37°E PI - Eko-07-00005 and very dry
SG4 53°21°54”N, 19°06°24”E AgroBioTest very heavy and humid
’ Pl - Eko-07-90011/09 v heavy
W 53°21'54"N, 19°06'24”E AgroBioTest very heavy and humid

P1 - Eko-07-90011/09

Physical properties

Thousand kernel weight (TKW) was measured for each sample with the use
of an electronic kernel counter (Kernel Counter LN S 50A, UNITRA CEMI,
Poland) and an electronic scale WPE 120 (Radwag, d = 2 mg, Poland). The
kernels were also evaluated for bulk density (BD) (AACC Method 55-31, 2002).
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The kernel vitreousness (KV) was evaluated by cross-sections of kernels and
expressed as the percentage of vitreous kernels in the sample of 50 elements.
The partially vitreous kernels were classified as semi-vitreous kernels and
their number in the sample was multiplied by 0.5. The particle size index (PSI)
was determined after the AACC Method 55-30: 2002. Total ash content in
grain (KAC) and in flour (FAC) were also determined in accordance with ICC
Standard Method No. 104/1. The index FA/WA (flour ash/wheat ash) was used
to evaluate the differences in the milling of tested spelt grain (POSNER 2009).
The kernels of each sample were classified into five fractions based on the
thickness: 2.0 — 2.25; 2.25 - 2.5; 2.5 - 2.75; 2.75 - 3.0; 3.0 — 3.5 mm by using the
sieves of the following sizes: 2.0, 2.25, 2.5, 2.75, 3.0 and 3.5 mm and by shaking
for 5 minutes.

Mechanical tests

Quasi-static compression tests on a single wheat kernel were performed.
Thirty kernels were randomly selected from every sample. Each kernel was
crushed between parallel plates of Texture Analyzer TA.XT Plus (Stable Micro
Systems) with a constant velocity of 0.05 mm - s until the distance between
plates was fixed at 0.5 mm. The kernel was placed on the lower plate of the
testing machine and crushed. For each test load-deformation data was re-
corded with the computed system. The mechanical behavior of wheat kernels
was expressed in terms of deformation, force (F), and energy required to reach
the point of total rupture (W) of a single kernel during the quasi-static
compression test. The mean value of kernel displacements (I) up to the rupture
point for each kernel was calculated.

Test milling

Moisture content of spelt and common wheat was determined and the grain
was then re-moisturized to 14.5 + 0.2% moisture with the addition of distilled
water. The restoration of moisture was performed in a tightly-closed container
for 48 hours. The samples of grain (100 g) from each farm were weighed on
a WLC 2/A1 electronic scale (Radwag, d = 10 mg, Poland) and then milled
using Quadrumat Junior mill (Brabender) equipped with a cylinder sifter with
a 70GG sieve (PE 236 um) and flour yield was determined. Six samples of each
material were milled.
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Milling energy determination

The mill was connected to the power source through the system measuring
the consumption of electrical energy. The milling time (¢,,) was measured with
a stop watch with accuracy of + 0.1 s. The power of idle running (P;) of the mill
was also determined (the average value of power consumed before the
measurements and immediately after the milling of the last sample of each
material). The energy necessary for putting the elements of the mill into
motion (E; — energy of idle running) was calculated by multiplying the active
power of idle running and the time of milling (E; = P; - ¢,,). The work of milling
was determined assuming that the total energy consumed (E.) by the mill
equaled the sum of grinding energy and the energy needed for putting the
elements of the mill into motion. The specific energy of milling E,, (kJ - kg™?)
was calculated with the following formula:

E,=(E.-E):m 1)
where:
m — the weight of grain (kg).

The coefficient of grinding efficiency K, (kJ - kg™* flour) was also calculated
after GREFFEUILLE et al. (2007b):

K, =(E.-E):mp 2
where:
mp — the mass of the obtained flour (kg).

Particle size analysis

The particle size distribution (PSD) of flour was obtained with Laser
Diffraction Analysis (LDA) with Malvern Mastersizer 2000 (version 5.22,
Malvern Instruments Ltd, Malvern, UK). The result of the measurement was
expressed as the mean value from six replications. Average size of particles, as
a widely used parameter characterizing the granulometric composition, was
calculated as the sum of the products of the volumetric part (¢) and the
average size of each faction (d;) with the following formula (VELU et al., 2006):

d = SUM (¢; - d)) 3

Particle sizes d(0.1), d(0.5) and d(0.9) are equivalent to the sieve with mesh
sizes correspond to pass of 10%, 50% and 90% (respectively) mass of the
material. They were used as indexes of the smallest, average and maximum
particle size of flour, respectively.
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Statistical analysis of results

Analysis of variance (one-way ANOVA) was performed. The significance of
differences between the means was evaluated with Tukey’s test. The statistical
calculations were performed with STATISTICA® for Windows v. 10 (StatSoft
Inc.). The statistical hypotheses were tested at a significance level of p = 0.05.

Results and Discussion

Properties of kernels of spelt of Schwabenkorn cultivar are presented in
Table 2. No significant difference was calculated for moisture content (MC)
determined for spelt and common wheat samples. The values of bulk density
(BD) of spelt grain (from 677.1 to 695.6 kg - m™) from the organic farms were
similar, nevertheless, were significantly lower than the BD of common wheat
(719.5 kg - m™).

Table 2
Physical properties of spelt and common wheat grain before milling
Feature SG1 SG2 SG3 SG4 CW
MC [%]* 11.98 £ 0.23** 11.79+0.25 11.21+0.22 1156+ 0.18 11.70 £ 0.22
BD [kg - m™] 677.1°+ 4.6  684.0°+42 6834°+25  695.6° + 2.6 719.5°+ 0.5
TKW [g] 36.3° £ 0.6 414+ 0.9 43.9°+ 1.9 43.5* + 0.8 36.5 + 0.7
KAC [%] 2.237+0.03  2.16°+ 0.02 1.982+0.02  2.09° +0.01 1.94* + 0.02
KV [%] 3¢+ 1.50 6°+ 1.53 41° + 5.01 9° + 3.33 60 + 5.68
PSI [%] 81.63° + 7.46 61.08° +3.37 53.60°+2.14 60.45°+1.52 64.75" + 1.76

* MC - moisture content, BD — bulk density, TKW - thousand kernel weight, KAC - kernel ash
content, KV - kernel vitreousness, PSI - particle size index

** The values are expressed as mean + SD (n=3).

a, b, ¢, d — values denoted in individual lines with the same letters do not differ significantly for
p <0.05

The thousand kernel weight (TKW) ranged from 36.6 to 43.9 g and
depended on the place of cultivation. Such an influence was also proved in the
study of ZHANG et al. (2004). WILSON et al. (2008) determined TKW of spelt
grain originating from Ohio in a range of 26 to 41 g, whereas for the same
varieties cultivated in Europe MARCONI et al. (1999) reported the range from 49
to 55 g. Environment of plant vegetation play an important role in formation of
wheat TKW. Occurrence of soil drought at the time of plant growth depress
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shapeliness: endosperm filling extent deceases what is manifested with kernels
wrinkling (GAINES et al. 1997). The highest TKW value was determined for
SG3 grain; these kernels also yielded the highest milling efficiency. According
to POSNER (2003b), larger wheat kernels are correlated with higher flour yield
whereas smaller kernels have a larger pericarp-endosperm ratio and therefore
less endosperm is available. This correlation was confirmed in our studies.

According to some authors (GREFFEUILLE et al. 2006, MIS et al. 2002,
TURNBULL, RAHMAN 2002) the genetic potential and environmental conditions
have a major impact on the hardness of kernels. The virtuousness and
hardness of kernels are important factors which influence the behavior of
grain during milling (GREFFEUILLE et al. 2007a,b). The virtuousness (KV) of
spelt grain ranged from 3% to 41% and significantly depended on the environ-
ment of cultivation in agreement to the previous studies of GREFFEUILLE et al.
(2006). The kernels of spelt had lower virtuousness than the common wheat
ones (60%). The hardness of tested kernels expressed with the PSI ranged from
53.6% for SG3 to 81.63% for SG1, so, the kernels of spelt and common wheat
were classified as “extra soft”. MIS and GEODECKI (2000) proved that gradual
reduction of hardness occurs as a result of repeated moistening of kernels.
According to GLENN and JOHNSTON (1994), the kernels with more vitreous
endosperm are usually harder. A similar correlation was observed in our
studies.

SINGH et al. (2010) proved that grain of wheat grown in different
environmental conditions displayed generally diverse chemical composition.
This was also confirmed in this study; the kernel ash content (KAC) in spelt
was found in the range of 1.98% — 2.23% and depended on the environment of
cultivation. Similar to the studies of CACAK-PIETRZAK and GONDEK (2010) and
KRAWCZYK et al. (2008), the kernels of spelt had higher KAC than common
wheat (1.94%).

Every grain sample was divides into five fractions (Tab. 3). Kernels of
thickness 2.50 — 2.75 mm predominated and their content ranged from
44 (CW) to 55% (SG4).

Rapture force (F) and the rupture energy (W) differed significantly among
samples from various sites of cultivation. The highest value F and W (58.9 N
and 20.8 md, respectively) was detected in common wheat and the lowest
(26.5 N and 4.7 mdJ) was in spelt from SG1 (Tab. 4). The values of rupture force
and energy of the spelt Schwabenkorn cv. from the organic farms were
significantly lower than common wheat Korweta ones. F' and W obtained for
Schwabenkorn cv. were similar to values obtained for spelt wheat cv. Ceralio,
Holsternkorn and Oberkulmer Rotkorn (MARKOWSKI et al. 2013). Contrary to
the most the common European wheat cultivars, spelt kernels characterized by
the lower value of rupture force and the rupture energy (DZIKI et al. 2012).
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Share of fraction grain of spelt and common wheat (thickness of kernel) fables
Fraction dy, Share of fraction [%]
(mm] (mm] SG1 SG2 SG3 SG4 CW
2.00 - 2.25 2.125 9 7 8 4 9
2.25 - 2.50 2.375 22 22 23 18 33
2.50 - 2.75 2.625 45 50 53 55 44
2.75 - 3.00 2.875 14 10 7 11
3.00 - 3.50 3.125 10 11 9 11
d, — average size of kernel fraction.
Table 4
The mechanical properties of individual fractions of spelt and common wheat
Feature SG1 SG2 SG3 SG4 CW
! [mm]* 0.22¢ + 0.04*  0.30% £ 0.06  0.37% +£0.04 0.36® +£ 0.06  0.48° + 0.06
F [N] 26.5° + 3.1 26.9°+ 3.4 52.2° + 6.6 39.3% + 5.3 58.9° + 6.8
W [mJ] 4.7*+1.5 5.6+ 1.5 15.3% + 3.3 12.5% + 3.9 20.8> £ 4.7

* | — kernel displacement up to the rupture point, F' — rupture force, W — rupture energy
The values are expressed as averages values * standard deviation (n = 30).
a, b — values denoted in individual lines with the same letters do not differ significantly for p < 0.05

The values of kernel displacements up to the rupture point (/) changed from
0.22 (SG1) to 0.48 mm (CW) and were significantly lower than those reported
for common wheat (DZIKI et al. 2012).

The milling efficiency is the main indicator of milling properties of cereal
grain. In this study the highest flour yield (FY) was obtained from SG3 (66%),
and was comparable with FY for common wheat (Tab. 5). The kernels of spelt
from other farms produced statistically significantly lower flour yield (from 55
to 57%). Similarly, ZHANG et al. (2004) proved that flour yield depended in
a higher extent on spelt genotype than on cultivation environment. The milling
efficiency of all tested spelt samples was low and lower than the values
reported for spelt in other studies (ABDEL-AAL et al. 1997, MARCONI et al. 1999,
WILSON et al. 2008). Some authors (ABDEL-AAL et al. 1997, CACAK-PIETRZAK,
GONDEK 2010, MARCONI et al. 2002) stated that milling of spelt grain produced
lower flour yield than of common wheat what indicated poorer milling par-
ameters of spelt than common wheat. The ash content of flour is an important
indicator of milling value. Grain with low ash content, in particular in the
endosperm, is a desirable raw material for cereal and milling industry.
The flour ash content (FAC) in the tested flours ranged from 0.44 (SG3) to
0.57% (CW). The lowest ash content was determined for the flour the spelt
grain of the highest flour yield.
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Table 5
Milling properties of spelt grain and common wheat
Feature SG1 SG2 SG3 SG4 CW
FY [%]* 56.0°+ 1.5 55.0°+ 1.6 66.0° + 3.3 57.0° + 2.1 63.0° + 1.7

E,, [kJ - kg™ 42.5°+ 3.5 36.6° + 2.5 41.6% + 2.7 35.5°+ 3.3 55.39 + 3.6

K, [kJ - kg'] 76.2% + 6.4 69.7* £ 5.8 64.1° £ 5.4 62.3* £5.1 89.0° £ 5.2

FAC [%] 0.53* £ 0.02  0.50% + 0.04  0.44° + 0.03 0.55 + 0.02 0.57* + 0.04
FA/WA [-] 0.238° 0.231° 0.222¢ 0.263° 0.2944

*FY - flour yield, E,, — specific energy of milling, K, — coefficient of grinding efficiency, FAC - flour
ash content, FA/WA - flour ash/wheat ash.

The values are expressed as averages values + standard deviation (n = 6).

a, b, ¢, d — values denoted in individual lines with the same letters do not differ significantly for
p <0.05.

In order to reveal the difference in milliability of the grain, the coefficient
FA/WA were determined. The lower value of FA/WA coefficient indicates
better milling properties and announces good separation of bran from endos-
perm (POSNER 1991). In our studies dependence of the environment of spelt
cultivation on the milling capacity was proved (Tab. 5). The lowest FA/WA
value was detected for the SG3 spelt (0.222); this grain also was classified as
a grain with the best milling parameters. The highest milling value was
detected for the SG4 grain.

The results of milling energy requirements of spelt grain showed that the
specific energy of milling E,, ranged from 35.5 (SG4) to 42.5 kJ kg (SG1).
Also, for these spelt samples the highest and the lowest values of coefficient of
grinding efficiency (K,) were obtained, i.e. from 62.3 to 76.2 kJ k™'. The
analysis of variance of specific energy input for kernel grinding (Er) revealed
significant differences between the materials originating from different envi-
ronments. The milling efficiency coefficient K, corresponding to the energy
necessary for producing a certain amount of flour, depended to a larger extent
on the variety of wheat than on the environment of cultivation. It was found
that the grinding of spelt kernels, regardless of the location of growing,
required less energy than the grinding of common wheat grain. It resulted
mainly from soft texture of spelt wheat grain. Similar observations were
reported by SWIECA et al. (2014) and WARECHOWSKA et al. (2013). The studies
by CACAK-PIETRZAK (2010) indicated that milling of hard and vitreous grain
required more the specific energy of milling than the non-vitreous (starchy)
grain. In the most extreme cases, the differences in energy consumption of
grinding of wheat with hard and soft endosperm reached 100% (PUJOL et al.
2000). According to DZIKI et al. (2012) vitreous kernels are more resistant and
require more energy input for grinding, what results from the internal
structure of kernel: in vitreous grain, starch granules are deeply seated in the
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protein matrix, as opposed to non-vitreous grain which has a loose structure of
endosperm (starch granules are separated from each other).

The environmental conditions had a significant impact on the particle size
distribution of spelt flours. The resultant flours were composed of many
fractions (Fig. 1). Four size fractions were identified in each tested samples of
flours. Two fractions were predominant in each product: with modal values
app. 25 um and near 100 um (with the exception of SG3 sample, which
structure was mainly composed of two fractions with modal values app. 30 and
70 um). In each of the tested wheat, these fractions were smaller than 80 um
resulting in high PSI values. The flours of SG1 and SG2 had the highest
content of 25 um fraction (even greater than that of common wheat flour).

7
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2
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.’.
1

10 100 d [um]

Fig. 1. The particle size distribution of flour

Furthermore, contribution of the largest particles constituting the coarse
SG3 and SG4 fraction was greater by approx. 1-2 um™ than in the case of
common wheat. Common wheat had high PSI value (64.75) due to a higher
content of 4 um fraction (higher than any of the tested spelt kernels). An
opposite tendency relating to the content of main fractions in comparison with
common wheat was observed in the flours obtained from SG4. The content of
the 30 um fraction was smaller by app. 1% and the content of the 80 um
fraction was also significant and higher by app. 1% than in the flour of common
wheat. The milling product from SG3 spelt grain, characterized by contribu-
tion of 80 um fraction more approx. 0.5% than 30 um fraction. Flour obtained
from SG4 spelt grain have opposite tendency. It constituted a comparable
amount of milling product as the corresponding fraction of common wheat.
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The greatest differences between PSD’s the tested flours were detected in the
section over 40 um. The lowest content of this fraction was found in SG1 and
SG2 material (app. 1% of the total) and the highest was in SG3 and SG4
material (almost 4.5% of the total). The flour from common wheat contained
app. 2.8% of the total of this fraction. Similar findings were reported by
ABDEL-AAL et al. (1997) who carried out studies on soft spelt.

Specific area of the tested materials assumed the similar values (Tab. 6),
excluding SG3. The minimal., median and maximal particle size of flour
(d(0.1), d(0.5) and d(0.9) respectively), as well as mean particle size (d) of SG4
and the of common wheat cultivated in the station with comparable soil and
climatic conditions assumed the similar values. In the case of SG3 d(0.1)
amounted to 7.253 um, which indicated that this flour contained significantly
less fine fractions than other. SG3 assumed the higher values of the traits
mentioned above. SG1, SG2 and SG4 assumed the similar values of the
parameters of particle size distribution as in the case of common wheat. For all
obtained flours fine fraction predominant, d(0.5) was about 60% of the average
particle size.

Tabl
The parameters of particle size distribution and specific area of flours of spelt and common :vtl)lee;z
. Spec. area d(0.1) d(0.5 d(0.9 d
Material [nrl)z - em9] [um] [p_m]) [Hm]) [um]
SG1 0.571 4.666 26.396 86.257 36.000
SG2 0.514 5.082 28.619 112.835 48.363
SG3 0.412 7.253 40.297 137.012 61.929
SG4 0.502 5.353 32.406 123.309 54.088
CW 0.501 4.700 28.055 129.925 51.728

Explanation of the symbols in the paper.

Conclusions

The environmental conditions had a significant impact on thousand kernel
weight, vitreousness, PSI, kernel ash content, specific energy of milling and
the particle size distribution of flour. The values of specific energy of milling,
coefficient of grinding efficiency, rupture force and rupture energy of spelt
kernels from the organic farms were significantly lower than of the common
wheat ones. The highest spelt flour yield obtained of kernels cultivated on
ecological farm with semi-coherent and very dry soil was similar to that of
common wheat; the milling yield of the spelt originating from other farms was
by 9.5% to 12.7% less than from the wheat one. The greatest differences in PSD
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between the tested flours were detected for the values over 40 um. The content
of this fraction was determined in the range of app. 1% to almost 4.5%; the
flour from common wheat contained app. 2.8% of this fraction.
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Abstract

This work has derived the general formula, sufficiently precise for engineering calculations of
base frequency of axisymmetric free vibrations of uniform, circular diaphragm type plates clamped at
the edge with linearly variable thickness. To solve the boundary problem, the Cauchy’s function
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Introduction

The direction of research involving more precise approach to the dynamic
model entails considerable complexity of the solution. Often, the initial dy-
namic calculations are successfully accomplished with the use of simple
formulas for estimating natural frequency and mode (VASYLENKO, ALEKSIEJ-
CHUK 2004). This work develops a Cauchy’s function method and characteristic
series to solve boundary problems of vibrations in uniform, circular plates of
variable thickness. It is known that only in a few special cases of power and
linear variation of thickness a precise solution is applicable, when the equation
takes the form of the Euler equation the solutions are in Bessel’s function.
Thus, Conway H.D in the works of 1958 a) and b) solved cases of change
%)E, where D,, R - constants,
r — coordinate, m — coefficient have the following dependences with Poisson’s

m—3
9
co-authors solved that problem for cases of a much larger range of 0 <m < 6

of flexural rigidity by using the formula: D = D,

ratio v = . JAROSZEWICZ and ZORYJ (2005, 2006), with the assistance of

and v = % applying Cauchy’s function, characteristic series and Bernstein-

-Kieropian estimators (JAROSZEWICZ, ZORYJ 2005).

The work by DOMARADZKI, JAROSZEWICZ, ZORYJ (2006) shows that the
Poisson’s number significantly affects the base frequency parametres only for
certain powers m. This work has also demonstrated that for the diaphragm,
when m = 2 the effect is quite considerable, and so the simplest estimator of
the base frequency is as follows: 7.8 < y.(v) < 9.3, the difference relating to the
average value is 15.7%. On the other hand, it is also known that in the case of
plates of uniform thickness, clamped at the edge (m = 0) natural frequency
coefficients do not depend on the v value. Therefore, the examination of
influence of and v on roots of characteristic equation solution for L[u] = 0 has
a significant consequence in the study of boundary problem of flexural
vibrations.

ho

\ Z

Fig. 1. A model of studied diaphragm
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Formulation of the problem

The object of study is a circular plate, rigidly clamped at the edge with
radius R, thickness A and flexural rigidity D as definite functions of radial
coordinate r (Fig. 1):

_ Eh
T 12(1 - v?

r

3
h=ho g D=D0(}%), Do 1)

In this case 0 <r < R, hy, D are constants. The following nomenclature was
used: — Young’s modulus v — Poisson’s ratio.

It should be explained at this point that the tested plate is a thin diaphragm
with thickness linearly growing towards the centre of symmetry, where for
r = 0 this value is close to (h — 0).

Axisymmmetrical free vibrations of such diaphragm for m = 3 are charac-
terized by a following boundary problem (CONWAY 1958a, JAROSZEWICZ, ZORYJ
2005).

Lolul -pr?u =0, u@® =0, uw'(@R =0 (2)
where:
I I .
Lo[u] = u!V + gum + (11 +3V) 55 +2Bv-1) 5 p = % ‘R*- @ (3)

ph — mass — density of plate, u = u(r) — amplitude of deflection, o — frequency
parameter. Besides of boundary conditions (2) existing requirements concern
limiting of deflection and angle of deflection for » = 0, which consider limited
strength of plate material.

[u(0)] < oo, |u’(0)] < oo
4)

We will further use a no dimensional form r = 1%
Solution of the boundary problem
Linearly independent solutions of equation (5) which correspond to static

problem of deflection (w = 0), and are created by the following four roots
(JAROSZEWICZ, ZORYJ 2005, 2006):
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Liul =0 5)
ur =1, us=r", us=rt, us=r!
(6)

1 1 1
#1=_§+\/Z’ #2=_§+\/K’A=Z+q’ q=3(1—V)

The solution of boundary problem (2.2), which is necessary for further
consideration, is constructed in the form of the following power series (JARO-
SZEWICZ, ZORYJ 2005, 2006):

Sj = Sjo + PSj1 + p28j2 + ,J = 1,2 (7)
Sjp = jKo(r, 7)1 s (Ddt (8)

0
s10 = 1,890 = r*s 9

K,(r,7) — Cauchy’s function corresponds to operator Lo[u].

The function K,(r,7), as presented in literature (JAROSZEWICZ, ZORYJ 2005),
can be determined by means of a formula:

1

2g\A

After considering recurrent model of formulas (3.3) the parametre o was
introduced in integrals 7 and S;; (j = 1,2) values were calculated on the base of
formulas (7, 8, and 9):

Ky(r,0) = (rtaghet — prrapitd) 4 % (riet - ) (10)

1 1
Sj1 = 2q—\/g [(J1 —dJo) + q (Js = Jo) (11)
r 2+a
Jy = r’*ljf““*”ldf =—r
0 3+ U2 + o
12)
r 2+a
= plo| p2troty = —r
Jo =71 JT dr ST LT o

0
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r
Js = r’IJ.r“”dT =
0

1 24+a
s+ 0 (o #-3)

(12)

J4 = J.T(Ha)dl' — 3 -:'a r2+a, (a¢_2)
0

Flowing limitations (o # -3) and (a # —2) result from indeterminacy of
expressions (12), received by mean of integration.

Integration (12) is conducted with respect to 7; r denotes variable limit of
integration, therefore we receive Ko(r,7).

The following formula has been obtained on the base of (11) and with
consideration of (12):

1 . r2+a

S =Gy T 3750+ D6 T 50t D

(13)

However, whenj = 1 it is necessary to assume « = 0, because (s1o = u; =19,
and for j = 2 it is @ = uy, because sy = us = r*s which yields the following:

’,.2 7'2+ Hy

= — = = 2
Y S Ty v e o e I

Analogically, when determining s;2 and ss; and also applying (3.8) o = 2 and
o = 2 + u; and so on, are introduced respectively. As a result the following
formulas can be obtained:

S1 =1+ prlfay + priapn + ...,

(15)
So =1 + pr2 + gy, + Pt + ligy, + ...
And solution limited in measure zero:
u = C1S1(r) + CsSa(r) (16)

C1S; — arbitrary constants.
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In formulas above:

a;r = (3\/ + 3)_16_1, Qa1 = [(3V + A21)(3V + A21)]_1 (17)

The characteristic equation and calculation results
of simplest estimator of fundamental frequency

Substitution of (13) to boundary conditions (2) resulted in a system of two
homogenous algebraic equations in relation to constants C; and C.. By
equalling system determinant to zero, the frequency equation, also known as
a characteristic equation is derived. The ultimate form of this equation is
presented as follows:

S:1 S

, , = Ry, + pR¥manl - 2a11 + (i + 2) azn} =0 (18)
Si Ss

[r=R

S]_’ = 2pra11, S27 = /,lﬂ"‘ulil + (/,l]_ + 2)pr“1+1a21

In this way, reduced multiplication R*! gave an equation which allows
calculating the simplest lower estimator of base frequency:

M1 —pRz[(2 —uan — (W + 2)an] =0 (19)

Table 1 summarises forms and calculation results of the simplest estimator
of base frequency coefficient for a few selected values of Poisson’s number.

Table 1
Derivation of the formula for fundamental frequency of characteristic equation (19)
Material v 1 a; sy Equation (17) %A
Glass 0 1.3 0.056 0.0063 1.3-0.0184pR*> =0 8.41
Steel s 1 0.042 0.0083 1-0.01(6)pR% =0 7.75
Rubber e 0.8 0.037 0.0103 0.8 — 0.0156pR? = 0 7.16

In Table 1 a well known Dunkerley’s formula was applied to estimate
fundamental frequency:

= 20
e (20)
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Where a; is the first term of characteristic series (21)
1- al/lz + agl‘l -—...=0 (21)

Hence values of base frequency (equation 17) with deficiency in respect to
appropriate values v can be determined by applying the following formulas:

i — pR[(2 - way — (4 + 2)axn] =0 (22)

On the base of above formulas (22) a general formula for any given values
of Poisson’s ratio v e (0;0;5) was proposed. Incomplete fundamental frequency
of membrane plate clamped at the edge with linearly variable thickness can be
calculated by using a simple formula:

_ h_\/z
o =~ 2.4 7 ) (23)

where:
Hi = 17 (V = 1/3)

Considering the formulas (16-19) the first approximation (accurate to p,
hence to the square of frequency) has been gained, which takes the following
form:

1-apR* + ap?R* - ... =0 (24)

where
ar = -[Ai(1-a) + B:(1 + a)] (25)
Qg = [A1B1 A2(1 - Za) + Bz(]_ + 2a)] (26)

Taking into consideration the equation:

pRe = 210 Ry @7
D,

Neglecting second terms of series a2 it can be transformed (3.16) to the
following form:
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1-a, PR =0 28)
Do

Remarks:
Form = 3, v = !/3 we have obtained A; = (24)1, A, = (24 - 360)!, B; = (120)7},
B, (120 - 840)! (JAROSZEWICZ, ZORYJ 2005)

Results of calculations of fundamental natural frequency
by mean described in this paper methods

Take into account the series (24) and known Bernstein-Kieropian’s
estimators with the following form (BERSTEIN, KIEROPIAN 1960) can be
applied.

(a? - 2(12)_‘% <y< \N2 - (@ + a2 - 4a2)_% (29)

Coefficients of the series a;, dependent on can be constructed on the basis
of (25). Coefficient al scrutinized in previous work, where exact formula has
been constructed.

9*-3-10

“[6-m) - -6+m- O +m- 12 + m)] (30)

a

Formulas (30), (31) are in accordance with the values quoted in the above
remarks.

Obviously first of solution (25) and second derivative of solutions (26) for
a = 0 (m = 6) are independent of r, in this case coefficients lose sense for
m — 6, we have B; — oo, By — o, A} — « for we have m — 4.5 (@ —» 1) and
Ay — o for m — 5.25 (a — 0.5).

To develop formula (26) for in a similar form formula in following form
should be present:

_ 3.5
T 2-(12+m)-6+m)-(18=m) - (21-m)- (24—m) - (6—m)?- (9 + m)?

(31)

Qz

Example results of calculation for changed cases 2 < m < 6 and % =m

obtain on the basis of formulas (21), (29) present on the Table 2, where mean
arithmetic value of basic frequency coefficient for m = 3, v = Y5 is:
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Yo = % (v + ) = 21 (8.65.05 + 8.8429) = 8.7467

the basic frequency can be found (JAROSZEWICZ et al. 2004)

1 \/ Dy
0=7 —A\A—=rv=VE[12p(1 - )] (32)
"7\ = TR VE[12p
Table 2
The fundamental frequency of the plate with nonlinearly variable thickness
Frequency
Average of the Frequency
. Coefficient D, Masses of bilateral | . in the FEM Difference
No. Material v . bilateral .
m [Nm] [kg] estimator . analysis A %
estimator
Yo f[Hz] f[Hz]

1. titanium 0.36 2.78 9778  6.093  8.697682 322.09 Hz 330.19 Hz 2.45
2. steel  0.27 3.7 18560 9.834 8.90738 340.23 Hz 347.15 Hz 1.95
3 zine 0.25 4.0 10531 8.410 9.356813 286.75 Hz 267.35 Hz  -7.26
4. concrete 0.17 5.9 1716  1.983 unknown unknown 211.76 Hz unknown

Source: JAROSZEWICZ et al. (2008).

It should be noticed that in the case of a constant thickness plate (m = 0),
the multiplier y = 7, = (3.196)? = 10.2122 is independent from v (VASYLENKO,
OLEKSIEJCUK 2004, KOVALENKO 1959 ). So the ratio of coefficients:

Summary

Deriving of the above mentioned formulas for the Cauchy’s functions, as
well as fundamental systems of function operator L.[u] allows to study the
convergence problem (velocity of convergence) of solutions of equation (2) in
form of power series in respect to parameters of frequencies, depending on
values of parameters m and v.

With the present influence functions of operator L,[u] corresponding
solutions and the use them for any given physically justified values of
parameters m and v (m € —o, + «); v € (0;0.5)) can be consequently
determined, when the exact solutions are unknown on the base of general form
of Cauchy’s function (10). On the basis of quoted solutions, simple engineering
formulas for frequencies estimators of circular plates which are characterized
by variable parameters distribution can be derived and limits of their applica-
tion can be identified. The bilateral estimators calculated using four first

Technical Sciences 19(4) 2016



410 Jerzy Jaroszewicz, Leszek Radziszewski

elements of the series, allow to credibly observe an influence material con-
stants: Young modulus - E, Poisson ratio — v density — p on the frequencies on
axisymmetrical vibrations of circular plates whose thickness or rigidity
changes along the radius according to the power function.
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